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Wold decomposition, 1954

e Sis the unilateral shift defined on the Hardy space H?(DD)
by (Sp)(2) = f(2).

Theorem

If V € B(K) is an isometry, then K admits an orthogonal
decomposition K = Ko ® K1, where Ky and K1 are reducing
subspaces for V' such that

(i) Vlx, is unitarily equivalent to a direct sum of copies of the
unilateral shift S,

(i) Vlk, is a unitary operator.

Moreover, the decomposition is uniquely determined :
Ki=Mo VK,  Ko=a2,V'L, wherel=Ko VK.
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Multivariable noncommutative case

@ Let H, be a complex Hilbert space with orthonormal basis

e1, €2, ..., en. The full Fock space of H, defined by
F?(Hn) == D HY,
k>0

where HZ? .= C1.
@ The left creation operators S; : F?(H,) — F2(Hp) are
defined by

Sip =6 ® ¢, ¢ € F2(Hp).

@ (S4,...,Sn) plays the role of universal model for row
contractions :

{(T1,...,Tn)€B(H)nI T1T1*+"‘+TnT;SI}-
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Wold decomposition

@ Popescu, Trans. AMS, 1989

Let V4,...,V, be isometries on a Hilbert space K such that

ViVi+---+ VpVy < I Then K = Ko © K4, where Ko and K4
are reducing subspaces for V4, ..., V, such that

(i) [Vilk, - - - Vil s a pure row isometry, i.e unitarily
equivalentto [S; @ Iz --- Sp ® I¢],

(i) [Vilk, - - Vnlk,] is @ Cuntz row isometry, i.e
V4 V1*’IC1 aF e oe T VnV;”]C1 = /IC1~

The decomposition is uniquely determined.
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@ Let I/ be the unital free semigroup on n generators
91, -..,9n and the identity go.

o lfa=g, - g, €Ffand X :=(Xi,...,Xn) € B(H)", we
denote X, := Xj, --- X, and Xy, := k.

@ Let Z,...,Z, be noncommutative indeterminates. A formal

power series f := Zaew a.Z,, a, € C, is called free
holomorphic function on the noncommutative ball

[B(H)™1 = {(X1,.... Xn) € B(H)" : || Xy X{+- -+ X X5 || <1},

if the series 37,7 3|k @aXa is convergent in the
operator norm topology for any (X, ..., Xn) € [B(H)"]1,
and any H.

@ fis called positive regular free holomorphic function if
a, >0forany a € F}, ag, =0, andag, > 0ifi=1,....n.
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Noncommutative domains

@ We define the noncommutative regular domain Df"(H),
m=1,2,...,tobethesetofall X :=(Xj,...,X,) € B(H)"
such that

Srx() <1 and  (id— ¢ x)"(1) >0
where ®; x : B(H) — B(#) is defined by
Srx(Y)i= > aXaYX:, Y €BH),
|| >1
and the convergence is in the weak operator topology.
@ Define by, := 1 and

|al

[+ m—1 .
a:_z > a%..‘aw<fm_1> it |af > 1.

RO
|W1|>1 ,,,,, [vjl=1
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Universal model

@ Let D; : F2(Hp) — F2(Hp), i € {1,...,n}, be the diagonal
operators defined by setting

ba

—e,, a € R},
bgia

D,-ea =

where {€,},cp: is the orthonormal basis of F2(Hp).

@ The n-tuple (Ws, ..., W,) of weighted shifts,
Wi := SiD,

associated with the noncommutative domain D7, plays the
role of universal model for the pure elements of Df"
(Popescu, Mem. AMS, 2010, JFA, 2008).
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Noncommutative varieties V', (H)

@ LetQ Cc C(Z,...,Z,) be afixed set of noncommutative
polynomials such that g(0) = 0 forany g € Q

o Define the noncommutative variety Vi, (#) to be the set
{(X1,..., Xn) €D"(H) : 9(X1,...,Xn)=0 forany qge Q}

and assume that V", () # {0}.

@ The universal model (B, ..., By) associated with Vi, (H)
is given by

Bf = Wino, 1=1,...,n,

acting on a model space Nt o C F2(Hp) which is a joint
invariant subspace under the adjoints Wy, ..., W;.
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Single variable case : n=1and @ =0

@ It m=1and f = Z, the corresponding domain D;"(H)
coincides with

[B(H)]1 :={X € B(H) : [IX]| <1}.

In this case, the universal model is the unilateral shift S
acting on the Hardy space H?(DD).

@ If m>2and f = Z, the corresponding domain coincides
with the set of all m-hypercontractions studied by Agler,
Olofsson, Ball-Bolotnikov. The corresponding universal
model is the unilateral shift acting on the weighted
Bergman space, which is a reproducing kernel Hilbert
space corresponding to the kernel kn(z, w) = W

z,weD.
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Multivariable commutative case : n > 2

Case:Q:={Z2Z—-22Z,i,j=1,...,n}

o lfm>1andf=2 +---+ Z,the corresponding
commutative variety was studied by Drury, Arveson,
Bhattacharyya-Eschmeier-Sarkar, Popescu (when m = 1),
Athavale, Mller, Mler-Vasilescu, and Curto-Vasilescu
(when m > 2).

The corresponding universal model is the n-tuple

(M, , ..., M;,) of multipliers by the coordinate functions,
acting on the reproducing kernel Hilbert space
corresponding to the kernel

1

— — zZweb
(1 —zywy — - — Zpwp)™’ 7 "

Km(z,w) =

on the unit ball of C".
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Multivariable commutative case : n > 2

Case:Q:={Z2Z—-22Z,i,j=1,...,n}

@ When m > 1 and f is a positive regular commutative
polynomial, the commutative variety V; o was studied by S.
Pott . In this case, the universal model (M;,, ..., M,,) acts
on a reproducing kernel Hilbert space of holomorphic
functions on a Reinhardt domain in C" uniquely
determined by f.
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Multivariable noncommutative case

Case:n>2and Q=0

@ Whenm=1,f=2 + .-+ Z,, the noncommutative
domain D{"(#) coincides with the closed unit ball [B(#)"]1,
the study of which has generated a free analogue of
Sz.-Nagy-Foias theory. The corresponding universal model
is the n-tuple of left creation operators (Sy, ..., Sp).

@ When m>1,n> 1, and fis any positive regular free
holomorphic function the domain Df" was studied by
Popescu (Mem. AMS, 2010 and JFA 2008). In this case,
the corresponding universal model is the n-tuple of
weighted left creation operators (W, ..., Wy) acting on the
full Fock space with n generators.
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Multivariable noncommutative case

Case:n>2, meN,and Q Cc C(Z;,...,2Zp)

@ The study of general noncommutative varieties V{',(#) in
B(#)", where m > 1, f is a positive regular free
holomorphic function, and Q Cc C(Z;,...,Z,) is any set of
noncommutative polynomials such that g(0) = 0 for any
g € Q, was initiated in 2006 (m =1, f = 2Z; + --- + Z,).

e G. PoPEScuU, Operator theory on noncommutative varieties,
Indiana Univ. Math. J., 2006.

e G. PoPEscuU, Noncommutative Berezin transforms and
multivariable operator model theory, J. Funct. Anal., 2008.

e G. PoPESscu, Operator theory on noncommutative domains,
Mem. Amer. Math. Soc., 2010 (Case m = 1).
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Noncommutative Berezin kernel

@ Let T:=(Ty,...,Ty) € DJ"(H). The noncommutative
Berezin kernel is the map Ky 1 : H — F2(Hn) ® Af 1(H)
defined by

Kith:= Y Vbaea @ ArrTih,  heH,

€l
: m(pn11/2
where A¢ = [(I — ®¢7)™(/)] ' and

Srr(Y)= Y aTYT;, Y€ B(H)

|| >1
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Wold decomposition

Definition
We say that X = (Xi,..., Xp) is a pure tuple in D{"(H) if

SOT- lengo ¢?7X(IH) =0.
If X satisfies the relation

Sr x(he) = by,

we say that X is a Cuniz tuple in the domain D}"(H).

o Let W := (W,..., W,) be the universal model of D;". We
denote by C*(W) the C*-algebra generated by Ws, ..., W,
and the identity.
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Wold decomposition

Theorem

Let  be a unital x-representation of the C*-algebra C*(W) on a
separable Hilbert space K and set V; := w(W;). Then the
noncommutative Berezin kernel K y is a partial isometry.
Setting
KO .= range K¢, and KM = ker Ks v,

the orthogonal decomposition K = K(© @ K has the
properties.

(i) KO and K(") are reducing subspaces for each operator V.

(i) Vico = (Vilco,---, Valxo) is a pure tuple in D'(K).

(iii) Ve = (Valcs- - -+ Valem) is @ Cuntz tuple in DP(K()).
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Moreover, K; v|x) is a unitary operator satisfying relation

Vilcor = (Kevlco)™ (Wi @ Ip) (Krvlco) ,

where D := range A¢ (/).
In addition, the orthogonal decomposition of K is uniquely
determined by the properties (i), (ii), and (iii) and we have

n
KO = P vu(p), where D=Ko (VK |,

acF} i=1

and

KW= P Vi)

=0 \a€F;,|al=s
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Constrained Berezin kernel

Definition
The constrained noncommutative Berezin kernel associated
with the n-tuple T € V{7, (#) is the bounded operator

Kit.o: H — Nro ® Ar1(H) defined by
Ki.1.0 = (Pnio © I sa) K T

where K; 1 is the Berezin kernel associated with T € Df(H)
and Ny o C F2(H,) is the model space on which the universal
model (By, ..., Bp) is acting.
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Constrained Berezin kernel

Properties :
® KiroT/=(B"®NKiro, i€{l,....n}

@ When T is a pure n-tuple, i.e. K (/) — 0, as k — oo, the
constrained noncommutative Berezin kernel K; 7 o is an
isometry.

® Assumethat f =} p+ @nZ, is a positive regular free

holomorphic function such that 3 g+ aa Wa W, is
convergent in the operator norm.
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Wold decomposition : C*-version

Theorem

LetB := (By,..., Bp) be the universal model associated with
the noncommutative variety Vi, and letw : C*(B) — B(K) be a
unital x-representation of C*(B) on a separable Hilbert space
K. Then m decomposes into a direct sum

T=7mg®m on K=Kqg®dKy,

where my and ¢ are disjoint representations of C*(B) on the
Hilbert spaces

Ko := span {W(Bﬂ)[(id — P @) (KIK: B e Fﬁ} and

K1 :=K e Ky, wheren(B) = (n(By),...,n(Bn)).
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Wold decomposition : C*-version

Moreover, up to an isomorphism,
Ko~Nig®G, m(X)=X®lg for X e C*(B),
where G is a Hilbert space with
dimG = dim [range (id — CD,«JF(B))m (l;g)} ,

and 7 is a x-representation which annihilates the compact
operators in C*(B4, ..., By) and & .. g)(/c,) = Ik, -

@ Whenf=2y+---+2Zp, m=1,and Q = {Z,.Z; - Z.Z;},
then B is the universal model on the Drury-Arveson space.
The theorem was obtained by Arveson, Acta Math., 1998.
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Wold decomposition : geometric version

Theorem

Let w be a unital x-representation of the C*-algebra C*(B) on a
separable Hilbert space K and set V; := =(B;). Then the
noncommutative Berezin kernel K; y o associated with the
noncommutative variety V;f’g is a partial isometry. Setting

K© = range Kiv o and K = ker Kiv.o,

the orthogonal decomposition K = K(© @ K(1) has the following
properties.

(i) £© and KM are reducing subspaces for each operator V.
(i) Vigo = (Vilco, - -, Valo) is a pure tuple in Vi (K©).
(iii) Ve := (Valxcw, - - - » Valxew) is @ Cuntz tuple in V{f’Q(IC(1)).
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Wold decomposition : geometric version

Moreover, the constrained Berezin kernel K; v o) is @ unitary
operator satisfying relation

Vilcor = (Krvolco)” (Bi® Ip) (Kiv.olco) »
where D := range A; y(/c) and
Ary(lc) = [(id — &7 v)"(Ic)]'/2

is an orthogonal projection. In addition, the space K(®) admits
the decomposition

KO =D@Hspan {Vu(D): a €F}, o] > 1}.
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Wold decomposition : operator version

Theorem

Let 7 be a unital x-representation of the C*-algebra C*(B) on a
separable Hilbert space K and set V; := =(B;). Then there are
two subspaces K(© and K() of K such that

(i) I = P + Py and Py Py = 0, where Py-) and Py
are orthogonal projections.

(i) PO and P(") commute with each operator V;.
(iif) The orthogonal projection Py satisfies the relations

q
; s+m-—1
o= g 35575 (ot
S=

= lc — SOT- lim ®f ()
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Wold decomposition : operator version

and
0) _ . S _
KO ={eer: lim of (k)¢ =0}

(iv) The orthogonal projection P, satisfies the relation
Pi@) = SOT- s||—>n;o d)‘?’v(/lc)
and
K ={cek: (D}":V(I;C)f = ¢ forevery s e N}

(V) SOT- Iimsaoo cb?,\/(IIC)P]C(O) = 0 and q)?,V(I’C)PIC(U = PIC(1) for
any s € N.
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Uniqueness of Wold decomposition

Letw : C*(B) — B(K) be a unital «-representation of C*(B) on
a separable Hilbert space K and let V; := ©(B;).

(i) If M, N are reducing subspaces under each operator V;
such that (Vi|am, - .., Valm) is a pure tuple in Vi, (M) and
(Vilw, -+, Vilw) is a Cuntz tuple in Vg (N), then M LN.

(i) FK =M @ N (algebraically) and M, N are as in part (i),

then
M=KO and N =Kk

(i) A subspace M C K is reducing under each operator V; if
and only if M = M© ¢ M) where M©) c KO and
MM < KM are reducing subspaces under each V;.
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Representations of C*-algebras

Theorem

Letw: C*(B) — B(K) be a unital x-representation on a
separable Hilbert space K and let V; .= =(B;). Then the
following statements are equivalent.

(i) (Va,..., Vi) is a pure n-tuple in V{7, (K).

(i) (V4,..., Vp) is unitarily equivalent to (By ® Ig, ..., Bn ® Ig)
for some Hilbert space G.

(iii) The only reducing subspace M C K for every V; such that
(Vilams - - -y Vila) is @ Cuntz tuple in Vi (K) is M = {0}.
(iv) Kt v,o Is a unitary operator,

Vi=Kiyo(Bi®Ip)Kiv,o D :=rangelysy(lkc)
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Representations of C*-algebras

@ A subspace £ of H is called cyclicfor T := (Ty,..., Tp) if
H = span{T,E : o € F}}. The multiplicity of T is the
minimum dimension of a cyclic subspace of T.

Theorem

Letw : C*(B) — B(K) be a pure, unital x-representation on a
separable Hilbert space K and let V; := ©(B;). Then the
following statements hold.

(i) The multiplicity of V := (V4,..., V) is equal to
dim Af,V(IIC)K:'

(i) Ifo: C*(B) — B(K') is another pure, unital
x-representation, then = and o are unitarily equivalent if
and only if they have the same multiplicity.
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Representations of C*-algebras

(iii) The reducing subspaces M c K of V4,..., V, are
precisely of the form

M = Ki v 0(Nfg @ Dy),

where Dy is a subspace of D.

(iv) The joint invariant subspaces M C K under V4,..., V, are
precisely of the form

M =K v.0(9),

where G C N7 o ® D is a joint invariant subspace under
B; ®/D,...Bn®/p.
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Representations of C*-algebras

@ A Beurling type characterization of the joint invariant

subspaces under (By ® Ip, ... B, ® Ip) was obtained by
Popescu, Math. Ann., 2018.

Theorem

Letw : C*(B) — B(K) be a unital «-representation on a
separable Hilbert space K and let V; .= ©(B;). Then the
following statements are equivalent.

(i) (Va,..., Vn) is a Cuntz n-tuple in V', (M).
(i) There is no nonzero ¢ € K such that
Jim (0, (l). ) =0.
(iiiy The only reducing subspace M C K for every operator V;

such that (Vi|a, - .., Valm) is a pure tuple in V(M) is
M = {0}.
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Representations of C*-algebras

Letw: C*(B) — B(K) be a Cuntz type unital «-representation
on a separable Hilbert space K and let V; .= =(B;). Then

(i) M C K is an invariant subspace under each V; if and only
if

®¢ v(Prm) < P
(iiy M c K is a reducing subspace under each V; if and only if

&rv(Pm) = P
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Irreducible representations

Theorem
Letw : C*(B) — B(K) be a unital «-representation on a
separable Hilbert space K and let V; := =(B;). Then r is
irreducible if and only if one of the following conditions is
satisfied :

(I) SOT-limg oo (D‘? V(I’C) = 0 and dim Af7v(/;c)lc =9

(i) @7 v(/c) = I and there is no nontrivial subspace M C K

such that ®¢ y(Pn) = Pu.
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Classification

Theorem

Let w and 7' be two unital x-representations of C*(B) on
separable Hilbert spaces K and K', respectively, and let
K=K®arMandk = k'© e '™ pe the corresponding
Wold decompositions. Set V; := «(B;) and V; := «'(B;). Then «
is unitarily equivalent to =’ if and only if the following conditions
are satisfied :

(i) dimD =dimD’, where D := A¢ y(lc)K and

D .= Af’V/(I;CI)IC’ 5
(i) the n-tuples V|« and V'|,..y are unitarily equivalent.
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Exact sequences of C*-algebras

Definition
The algebra O(V, ) is the universal C*-algebra generated by
w(B1),...,7(Bn) and the identity, where B = (B4, ..., Bp) is the

unlversal model of a noncommutative variety V{', and misa
Cuntz type *-representation of the C*- algebra C*(B) ie.
1 x(g) (1) = I, where 7(B) := (n(B),....n(By)).

o lfn=1,f=2Z m=1and Q =0, then O(Vf,) = C(T).

elff=4+---+2Zy,n>2, m=1 andQ:O,thenO(VﬁQ)
coincides with the Cuntz algebra O,.
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Exact sequences of C*-algebras

Theorem
LetB = (By,..., B,) be the universal model of the
noncommutat/ve variety Vi, and let K be the ideal of all

compact operators in B(N, Q) Then the sequence of
C*-algebras

0— I — C*(B) = O(Vfp) —» 0

is exact.
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Exact sequences of C*-algebras

elfn=1,f=2Z,m=1and Q@ = 0, we recover Coburn’s
theorem for C*(S) :

0—-K— C*(S)— C(T) — 0.

elff=Z4+---+2Z,,n>2, m=1and Q =0, we obtain
Cuntz exact sequence for the C*-algebra generated by the
left creation operators on the full Fock space :

0K —C(S,...,57) > 0O, —0.

o lff=2+---+2Z;,, m=1,and theideal Q = {Z,Z; — Z;Z},
we recover Arveson’s result for the C*-algebra generated
by the d-shift acting on the Drury-Arveson space :

0K —C'(M,,,...,M;)— C(0B,) — 0.
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Exact sequences of C*-algebras

One can obtain the following more general result

Theorem

If: C*(B) — B(K) is an unital x-representation on a
separable Hilbert space K such that w is not a Cuntz type
representation, then the C*-algebras C*(B) and C*(x(B)) are
x-iIsomorphic and

0— K — C*(n(B)) — (’)(V{,”Q) —0

is a short exact sequence, where K is the ideal of compact
operators in C*(m(B)).
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Commutative case

All our results apply in the particular case when f is a positive
regular noncommutative polynomial and

Q- 1{2Z-22).

In this case, the corresponding C*-algebra C*(B) coincides
with the C*-algebra generated by the multipliers Ly, ..., L, by
the coordinate functions A4, ..., A, and the identity, acting on
the reproducing kernel Hilbert space H2(D$(C)) with kernel
defined by

1
ke, A) = — — , , A € D(C),
N = ™ €O

where
DI(C) :={A=(A,..., ) €C": (NP, 2P < 1)}
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Polydomains and varieties

@ Let B(H)™ x¢--- x¢ B(H)" be the set of all tuples
X:=(Xy,...,Xk) in B(H)™ x --- x B(H)"™ with the
property that the entries of X5 := (Xs1,..., Xs,n,) are
commuting with the entries of X; := (X1, ..., Xt pn,) for any
s,te{1,... . k},s#t.

o Letf=(f,...,f) be positive regular free holomorphic
functions, m := (my,...,mg), n:=(ny,...,ng). The
regular polydomain D"(#) is the set of all k-tuples
X=(Xy,...,Xk) € B(H)™ x¢ -+ x¢c B(H)"™ such that

AEX(I)ZO for 0<p<m, p:=(pi,...,px) € NK
where

AEX — (Id _ ¢f1,X1)m1 0---0 (Id — ¢fk7xk)mk
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Polydomains and varieties

@ Foreachic {1,... k},letZ:=(Z1,...,2Z ) be an
ni-tuple of noncommutative indeterminates and assume
that, forany t,s € {1,...,k}, s # t, the entries of Z; are
commuting with the entries if Zs.

@ We study noncommutative varieties in the polydomain
D{"(#), given by

Vio(H) .= {X e D"(H): g(X) =0forall g c Q},

where Q is a set of polynomials in noncommutative
indeterminates Z; ;, which generates a nontrivial ideal in
ClZi,]-
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Polydomains and varieties

@ Each variety V{',, admits a universal model B = {B,;} such
that g(B) = 0, g € Q, acting on a subspace MN; g of a
tensor product of full Fock spaces, which is co-invariant
under B;;.

@ The elements of the variety Vi, admit dilations which are
x-representations of the C*-algebra C*(B) generated by
the universal model B = {B; ;} and the identity.

@ Wold decompositions for the unital x-representations of the

C*-algebras C*(B) associated with the variety V{', are
obtained.
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Polydomains and varieties

@ The C*-algebra O(VY'y,) is the universal C*-algebra
generated by V; s := 7(B; s) and the identity, where 7 is a
completely non-pure x-representation of the C*-algebra
C*(B), which is equivalent to

(id — 5 v, ) 0 -+ o (id — d v, )(Ic) =0,

where Vi = (Vi1,..., Vip).

@ The sequence of C*-algebras
0— K — C'(B)—O00Vg) —0

is exact, where IC denotes the ideal of compact operators
in B(M.o)-
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Polyvarieties

@ Assume that Q = UK , Q; where Q; is a set of polynomials
in C(Z;1,...Z;n).The polyvariety associated is

VT (H) x - x Ve (H) == Vo(H).
@ The universal model satisfies both relations
BisBj:=B;Bis and B;sBj;=B;Bs
forevery i,j € {1,...,k} with i # j, and every s, t.

@ The C*-algebra C*(B) generated by the operators B; s and
the identity satisfies the relation

C*(B) = C*(By) ®@sp - - - @sp C*(Bk),

where C*(B;) is the C*-algebra generated by B; 1, ..., B,
and the identity.
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Refined Wold decomposition

Any unital x-representation = of C*(B) on a separable Hilbert
space K has a unique decomposition into a direct sum

T = @ 7T|ICA on K= @ Ka,

Ac{1,...k} Ac{1,...k}
where {7|ic,}ac{1,.. k) are disjoint x-representations of C*(B),
with the following properties :
(i) foreach AcC {1,...,k}, the subspace K, is reducing for
every n(B;;);
(i) ifi € A, then (7(Bj1)lis, - - - m(Bin)k,) is @ pure tuple;
(iii) ifi € A°, then (m(Bj1)li,s--->m(Bin)lk,) is @ Cuntz tuple.
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Moreover, there is a unique wandering subspace L4 C K4 that
is reducing under the operators (B, ;) for every j € A° and
te{1,...,n;} such that (m(Bj 1)z, - - -, m(Bjn)lz,) is @ Cuntz
tuple and

p
Ka = La@Dspan § 7(Bj; o, ) - m(Bipay, )(L£a) 1 Y laj =17,
=

where the wandering subspace is precisely described.
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Classification

@ For each subset A C {1,..., k}, we introduce the universal
C*-algebra O 5 generated by a x-representation
v : ®ieaC*(B;j) — B(K) with the the property that

Pt ) (Iny,) = v, forevery e A,

where v;(B;) := (7i(Bi1), - - - %i(Bin))-

In the particular case when f; = Zi1 +--- + Z; 5, and Q; = 0, the
algebra O 4 coincides with the tensor algebra ®icaOp,, where
Op, is the Cuntz algebra with n; generators.
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Classification

There is a one-to-one correspondence between the unitary
equivalence classes of the x-representations of the C*-algebra
C*(B) and the enumerations of 2% unitary equivalence classes
of x-representations of the universal algebras O,, as A is any
subset of {1,...,k}.

If 7 is the closed two-sided ideal of C*(B) generated by the
orthogonal projections I — ®¢, g, (1), ..., Ic — ®5, g, (/), then the
following short sequence of C*-algebras is exact

0—-J— C*(B) = O,k — 0.
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Remark

If Qi :={ZisZi+— ,tZ, S} the universal model L = {L;;}
associated with V f0, X X V’"ka consists of the multipliers
by the coordinate functlons Ajj acting on a Hilbert space
H?(D"(C)°) of holomorphic functions on the Reinhardt domain

D{"(C)° = Df,(C™)° x --- x Dy (C™)°,  where
D(C)° = {Ni= Nty s Xin) €CM 2 f(INalPs . hinP) < D}
More precisely, H2(D{"(C)°) is the reproducing kernel Hilbert
space with kernel defined by

1
re(t, A) = = - 11, A € D (C)°.
H, 1 ( (MI1)‘I17"'7Mi,n,-)\i,n,-))m

@ All the results apply to the C*-algebra C*(L;;) generated
by the multipliers L; ; and the identity.
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