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Setting

Definition A C*-algebra 4 is 3 stably (iso-
morphic) Al algebra if 4 @ K is an AI algebra.

Remark There are similar definitions for sta-
bly AF or AH algebras,

Remark Any AI algebra.is also 3 stably Al al-
gebra.

Proposition Any stably AF algebra is nec-
essarily an AF algebra.



Moreover we have the following result:

Proposition Any (simple) stably A] algebra
can be realized as a hereditary subalgebra of a
(simple) AI algebra.

Proof

Assume A is 3 simple stably AI algebra. Hence

A& K is a simple Al algebra. A is Isomorphic
to the cuté down:

which is a hereditary subalgebra of the simple
Al algebra 4 @ K.
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Stably isomorphic algebras

Definition Two C*-algebras A and B are
stably.isomorphic, denoted A4 ~ B, it
AQ@K%BE%M_.

Remark The notion of stably isomorphism (or

Morita-Rieffel equivalence in the separable case)
IS an equivalence relation which is weaker than

the isomorphism relation. It is easy to see that:

M>(C) ~ M3(T) but Ma(C) & M3(C)



Using the complete Classification result of 1.
Stevens for simple Al algebras we show that
the classification of Simple stably Al algebras
reduces to the classification Of hereditary sub-
algebras of simple Al algebras which are stably
Isomorphic.

Proposition Let Hy and H> be two heredi-
tary subalgebras of simple Al-algebras A1 and
respectively A>. Then It A1 and As are not sta-
bly isomorhic then 1 is not isomorphic to Ho.
On the contrary: when A1 Is stably isomorphic
to Ao we obtain that Hy is stably isomorphic
to HQ.

Ideea of proof

Hl R K=

2
g
=

Ho ® K
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Range of the invariant

Remark The invariant considered in the iso-
morphism theorem was (Ko, D, A, (AffT, Af ).
For the range of the invariant we consider an
equivalent form of the invariant:

(Ko, D\ (TF,11,8))

Theorem Suppose that G is a simple count-
able dimension group, V is the cone associated

to a metrizable Choquet simplex S ., A : S —

Hom™(G,R) is a continuous affine map with

its range dense and sends extreme rays in ex-

treme rays, and p: S — (0, 0] any affine lower

semicontinuous map. Then [G,(V,8),\, u] is

the Elliott invariant of some simple non-unital

algebra stably AI algebra.



Proposition Let A be a simple AI algebra
and p its norm map. Then the following is
true:

pv) = sup{v(d) : d € D}

Theorem Let A be a simple stably AI al-
gebra. A necessary and sufficiente condition
for A to be a simple AI algebra is:

p(v) = sup{v(d) : d € D}

Corollary If a simple stably AI algebra is ap-
proximately homogeneous then it is a simple
Al algebra.
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Non Al-algebras which are stably Al
algebras

We can impose a necessary and sufficiente con-
dition on the invariant which will allow us to
construct a simple stably AI algebra which is

not a simple AH algebra but it is an ASH al-
gebra:

p(v) # Sup{-a-rfg) . g€ D}



